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1. INTRODUCTION
Viglino[11] introduced the family of C-Compact spaces, showing that every continuous
function from a C-Compact space into a Hausdorff space is a closed function and that this
class of spaces properly contains the class of compact spaces. In[2],Devi et al. introduced
the concept of o -regular space study their properties as well as the relation among
themselves. In [1], Alias et al. introduced o—Normal and discussed their properties.
Recently, the authors [3] introduced some new concepts namely of -closed sets
and o®"-open sets in topological spaces. In this paper we define o* -Regular, «*"-Normal
and venture to generalize C-Compact space using o -open sets and shall term them as
C- o*"-Compact space.

2. PRELIMINARIES

Throughout this paper X,Y, and Z will always denote topological spaces on which
no separation axioms are assumed unless explicitly stated. If A is a subset of a space
X, cl(A) and int(A) denote the closure and the interior of A in X respectively.

We recall the following definitions and results that will be useful in this paper. A subset
A of a topological space(X,7) is called generalized closed (briefly g-closed)if cl(A)cU
whenever ACU and U is open in X, and generalized open(briefly g-open) if it

R S. Publication, rspublicationhouse@gmail.com Page 107



International Journal of Advanced Scientific and Technical Research Issue 5 volume 2, March-April 2015
Available online on http://www.rspublication.com/ijst/index.html ISSN 2249-9954

complement. X\A is g-closed in X. The generalized closure [5] of A is defined as the
intersection of all g-closed sets containing A and is denoted by cl*(A) and the
generalized interior of A is defined as the union of all g-closed subsets of A and is
denoted by int*(A).

A subset B of a topological space(X,7) is called a-open[7] if BSint(cl(intB),a-closed if
cl(int(cl(B))<SB, of -open[3] if BCint*(cl(intB), of-closed if cl*(int(cl(B))SB. The a-
closure of a subset A of X is the intersection of all a-closed sets containing A and is
denoted by acl(A). The o -closure of A is analogously defined is denoted by «* cl(A)[3].
The o -interior of a subset A of X is the union of all «*"-open sets contained in A and is
denoted by of int(A). The o -closure of A is analogously defined and that is denoted by
o Int(A).

The collection of all o®"open (respectively of -closed) sets is denoted by o® O(X,7) and
o C(X, 7).

Definition 2.1[9]

A function f: X=Y is called o®-continuous if inverse image of each open set in Y
is o*"-open in X.
Definition 2. 2[9]
A function f: X=Y is called M- o® open if image of each o® open set in X is o® -open in
Y.

Definition 2.3[9]

A function f:X-Y is called M- o*"closed if image of each o® closed set in X is o closed
inY.

Definition 2.4[12]

A space (X,t) is said to be regular if for every closed set F and a point x&F, there exist
disjoint open sets U and V such that xeU and FESV

Definition 2.5

(1) A space (X,7) is said to be a-regular [2] if for every closed set F and a point
x&F, there exist disjoint a-open sets U and V such that xeU and FEV.

(i) A space (X, 7) is said to be pre*-regular [10]if for each pre*-closed set A
and a point xgA, there exist disjoint open sets U and V such that AcU,
xeV.

Definition 2.6

(1 A space (X,7) is said to be a-Normal[1] if for every a -closed set F and a point
x&F, there exist disjoint a-open sets U and V such that xeU and FSV

(i) A topological space (X, 1) is said to be pre*-normal [10] if for any two
disjoint pre*-closed sets A and B, there exist disjoint open sets U and V such
that AcU and BcV.
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Definition 2.7[6]

A space (X,7) is said to be g-regular if for every g-closed set F and a point x¢&F, there
exist disjoint open sets U and V such that xeU and FEV.

Definition 2.8[4]

A collection R of «*"—open sets in X is called «*—open cover or cover by o*"—open sets of
a subset B of X if Bcu{U,: U, € 3}holds.

Definition 2.9[4]

A topological space X is said to be o -compact if every a® -open cover of X has a finite
subcover.

Definition 2.10[8]

A subset A of a space (X, 7) is said to be quasi H-closed relative to X if for every cover
{Va: ae V} of A by open sets of X, there exists a finite subset Vo of V such that
AcuU{cl(Va): a€ Vo}

Theorem 2.11[3]

(i) Every a-open set is a®* open and every a-closed set is a**closed.
(ii) Every a®*-open is pre*open and every a®*-closed set is pre*-closed.
(iii)Every open set is a** open and every closed set is a**closed

3. o -Regular

In this section , we introduce of —Regular spaces using o —closed and o*"-open
sets and find their relations themselves and with already existing spaces. Also , we find
some characterizations of o® —regular spaces.

Definition 3.1

A space (X, 1) is said to o® —regular if for each o*"—closed set A and a point xgA |,
there exist disjoint open sets U and V such that ACU, xeV

Theorem 3. 2

A space (X, 7) is said to o® —regular if and only if (X, 7)is regular and every o -
closed is closed.
Proof:

Suppose that (X,7) is «*"— regular. Then clearly (X,7) is regular. Now let ASX be
o —closed. For each x&A, there exists open sets V, containing x such that V,nA= @. If
V=U{V, :x¢A} then V is open and V=X\A , hence A is closed.The converse is obvious.

Theorem 3.3

Every pre* regular is o -regular
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Proof:

Let F be a of -closed set and xgF. Then by Theorem 2.11, F is pre*—closed. Since X is
pre* —Eegular there exists disjoint open sets U and V such that FEU and xeV. Therefore
X is a® -regular.

However the converse of the above theorem is not true in the following example.
Example 3.4

Let X= {ab,c} with v ={@{ab}{c} X}.Clearly (X,7) is o —regular but not pre*-
regular

Theorem 3.5
In a topological space X, the following are equivalent.

(i)  Xisa —regular

(i) For every xeX and every a® —open set G containing x, there exists an open set U
such that xeUccl(U)<G.

(iii)  For every o® —closed set F, the intersection of all closed neighborhood of F is
exactly F

(iv)  Forany set A and a o —open set B such that AnB=+ @, there exists an open set U
such that AnU= @ and cl(U)<SB.

(V) For every non-empty set A and a o® —closed set B such that ANB= @, there exists
disjoint open sets U and V such that AnU= @ and BEV

Proof:
()=(ii)
Suppose X is gs*—regular . Let xeX ang let G be a o —open set containing x. then xgX\G
and X\G is o’ —closed . since X is o —regular, there exist open sets U and V such that

UnV=¢@g and xeUX\GeV. It follows that UcX\VcG and hence
cl(U)<cl(X\V)=X\VCEG. That is xeUccl(U)<G.

(iD)=>(iii)
Let F be any o —closed set and x¢F.Then X\F is of —open and xeX\F. By
assumption, there exists an open sets U such that xeUccl(U)SX\F,Thus

FSX\cl(U)=X\U. Now X\U is closed neighborhood of F which does not contains x. so
we get the intersection of all closed neighborhoods of F is exactly F.

(ii)=>(iv)
Suppose ANB# @ and B is o® —open .Let x€ANB. Since B is o —open,X\B is «* —closed
and x¢X\B.By using (iii), there exists a closed neighborhood V of X\B such that x¢V.

Now for the neighborhood V of X\B there exists an open set G such that X\BSGCV.
Take U=X\V . Thus U is an open set containing x. Also AnU= @ and cl(U)SX\GSB.
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(iv)=(v)

Suppose A is a non-empty set and B is o® —closed such that AnNB= @.Then X\B is o*—
open and AN(X-B)# @. By our assumption, there exists an open set U such that AU+ @
and cl(U)=X\B. Take V=X\cl(U). since cl(U) is closed , we have V is open. Also BSV
and UnVccel(U)n(X\cl(U))= @.

(V)=(i)

Let S be o®"—closed and x¢S. Then SN{x}= @. By (v), there exists disjoint open
sets U and V such that Un{x}+# @ and SCV.That is U and V are disjoint open sets
containing x and S respectively. This proves that (X,7) is o® -regular

Theorem 3.6
Every quasi H-closed subset relative to a o® —regular space is g-closed.
Proof:

Suppose X is of —regular and a subset A of X is quasi H-closed relative to X. Let U be a
open set in X containing A. Then by Theorem 2.11, U is a a° —open in X containing A.
since X is o® —regular, by using Theorem3.5 (ii) for each x€A, there exists an open set
Vy such that xeVy Scl(Vy)<U. clearly {V«:x€A} is an open cover for A. since A is quasi
H-closed relative to X, there exists a finite subset Ao of A such that ACu{cl(Vx):XEA.}.
Since finite union of closed set is closed, we have Accl(A)cu{cl(Vx):XEA}<SU. that is
cl(A)<U whenever ACU and U is open. This shows that A is g-closed.

Theorem 3.7

A topological space X is a° —regular if and only if for each o -closed F of X and
each xeX\F, there exists open sets U and V such that xeU and FSV and cl(U)ncl(V)= 0

Proof:

Suppose X is o' —regular. Let F be a o —closed set in X and xgF. Then there exists an
open sets Uy and V such that xeUy , FEV and UysnV= @. This implies that Uyncl((V)=
@. also cl(V) is a closed set and hence cl(V) is o —closed set and xgcl(V). since X is o® —
regular, there exist open sets G and H of X such that xeG and cl(V)SH and GnH= @.
This implies cl(G)NH<cI(X\H)NH=(X\H)NH= @. Take U=G.Now U and V are open
sets in X such that xeU and FEV .Also cl(U)ncl(V)<Scl(G)NnH= 0.

Conversely , suppose for each o*"—closed set F of X and x€X\F, there exists open sets U
and V of X such that xeU and FESV and cl(U)ncl(V)= @.Now UnVccl(U)ncl(V)=
@.Therefore UnV= @.Hence X is o —regular.

Theorem 3.8
Let f:X-Y be a bijective function

(i)  Iff is M- «* continuous, open and X is a*"—regular. Then Y is o —regular.
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(i)  If fis continuous,M- o® closed and Y is «* —regular, then X is o® —regular
Proof:

Q) Suppose X is o*"—regular. Let S be any o*"—closed subset in Y such that yeS.
since f is M- o Continuous,f'(S) is «*"—closed in X. since f is onto, there exists xeX
such that y=f(x). Now f(x)=y&S=xef'(S). since X is a*"—regular, there exists open sets
U and V in X such that xeU,f(S)cV and UnV= @¢. Now xeU= f(x)ef(U) and f
'(S)cV=Scf(V). Also UnV= ¢ =f(UnV) = @ =f(U)nf(V) = @. since f is open map,
f(U) and f(V) are disjoint open sets in Y containing y and S respectively. Thus Y is o’ —
regular.

(i)  Suppose Y is o —regular.Let F be any «* —closed subset in X such that x¢F. since
f is M- of "Closed function,f(F) is o —closed in Y and f(x)&f(F) . Since Y is o*"—regular,
there exists disjoint open sets U and V in Y such that f(x)eU,f(F)SV .Clearly xef'(U)
and FSf'(V).since f is continuous,f'(U) and f'(V) are disjoint open sets in X containing x
and F respectively. Thus X is o® —regular.

Theorem 3.9

Every o®"—compact subset of a space X is quasi H- closed relative to X.
Proof:
Let A be a «® —compact relative to X. Let {V,:a€ V} be an opencover for A in X. since
every open set is o -open, {V,:0€ V} is a o —open cover for A in X. since A is o° —
compact in X, there exists a finite subset V, of V such that ACu{V,:a€ V, }.clearly
AcCU{V.a€ Vo}cu{cl(V,):a€ V,}.By definition A is quasi H-closed relative to X.

Theorem 3.10

If X is a o —regular space and a subset A of X is quasi H-closed relative to X, then A is
o’ —compact in X.

Proof:

Suppose X is a o*"—regular space and a subset A of X is quasi H-closed relative to X. Let
{V,:a€ V} be a o« —open cover or A. Then ACU{V,:a€ V}.Let xEA. Then x€V, for
some a. For each x€A take V4=V, where V, is any one of the as*—open sets in X
containing x. since X is o —regular space and Vy is o —open. By Theorem 3.5 (ii), for
each X€A, there exists an open set Uy such that xeU4< cl(Uy)SVy. Clearly {Ux:XEA} is
an open cover of A. since A is quasi H-closed relative to X. there exists a finite subset A,
of A such that ACU{cl(Ux):xeA}SU{V:XEA.}. That is {VXEA.} is a finite sub
cover for the o® —open cover {V,: a€ V}of A. This shows that A is «* —compact in X.

Theorem 3.11

A topological space X is o® —regular if and only if every pair consisting of a compact set
and a disjoint o> —closed set can be separated by open set.
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Proof:

Let X be o —regular and A be a compact set ,B be o —closed set with AnNB= @. Since X
is o*"-regular , for each x€A, there exist disjoint open set U, and V, such that xeU,,
BcSVx. Clearly {Uy: X€A} is an open covering of A. since A is compact, there exists a
finite subfamily {U,; :1<i<n} which covers A. It follows that ACu{Uy; :1<i<n} and
BSn{Vy :1<i<n}. Put U=U{Uy; :1<i<n} and V=nN{V; :1<i<n}.Then U and V are open
in X. Also UnV= @. Otherwise if xeUNV =xeU,; for some j and X€Vy; for every i. This
implies that xEUyN Vy;, which is a contradiction to Uyn V,; = @. Thus U and V are
disjoint open sets containing A and B respectively.

Conversely, suppose every pair consisting of a compact set and a disjoint o —
closed set can be separated by open sets. Let F be a o —closed set and x&F. Then {x} is
compact subset of x and {x}nF= @.By our assumption there exist disjoint open sets U
and V such that xeU and FSV .This proves that X is «° —regular.

4. o -Normal

A topological (X,7) is said to be o —~Normal if for any two disjoint «* —closed set
A and B, there exists disjoint open sets U and V such that ACU and BSV.

Theorem 4.1
Every pre* Normal space is o® —Normal.
Proof:

Suppose X is pre* - Normal. Let A and B be two disjoint «* —closed sets in X . since
every o’ —closed set is pre*-closed, A and B are pre*-closed in X. By Definition 2.6 there
exists disjoint open sets U and V such that AcU and BESV. This proves that X is o® —
normal.

Remark 4. 2

But the converse of the above theorem is not true as shown by the following
example.

Example 4.3

Let X={a,b,c} with topology v ={®,{b}.{a,c},X}. Clearly (X,7) is o> ~Normal but not
pre*-Normal.

Theorem 4.4
For a topological space X. the following are equivalent.

(i)  Xiso®—Normal
(i)  For every pair of o* —open sets U and V whose union in X, there exists closed
sets E and F such that ECU and FEV and EUF=X.
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(iii)  For every o —closed set F and every o —open set G containing F, there exists
an open set U such that FEUCcl(U)<G.

Proof:
(D)=(ii)
Let U and V be pair of «~"—open sets in a o* —Normal space X such that X=UUV.Then
(X\U)n(z(\V)= X\(UuV)= X\X= ¢ and X\U and X\V are disjoint o> —closet sets. Since
X is o ~Normal, there exists disjoint open sets G and H such that X\USG and

X\WCH.Let E=X\G and F=X\H, then E and F are closed sets such that ECU,FCV. Also
EUF=(X\G)U(X\H)=X\(GNH)=X\p =X.

(i)=(iii)

Let F be a o —closed and Let G be a o —open set containing F.Then X\F and G are of —
open sets whose union is X. Then by (ii) , there exists closed sets Vi and V, such that
VieEX\F and VoG and ViuV,=X. Then FcX\V;, X\GeX\V; and
(X\WV1)N(XW2)=X\(V1U V2)=X\X= @. Let U=X\V; and V=X\V, Then U and V are

disjoint open sets such that FEUSX\V=V,cG.As X\V is closed, we have cl(U) €X\V
and FcEUccl(U)<cG.

(ii)=()

Let Fl and F, be any two disjoint «* —closed sets in X. Put G=X\ F, then F1SG and G is
a o —open set in X. Then by (iii), there exists an open set U of X such that
FicUccl(U)<SG. This implies that F,€X\cl(U). Take V=X\cl(U). Then V is an open set

containing F, and UnVCcI(U)n(X\cI(U)) @. That is F; and F, are separated by open
set U and V. It follows that X is o —Normal

Theorem 4.5

If X is o —Normal, then every pair of disjoint o —closed sets have open neighborhoods
whose closures are disjoint.

Proof:

Assume that X is o® ~Normal.Let A and B be disjoint a* —closed sets in X. since
X is o —Normal , there exists open sets U; and U, such that AcU; and BSU, and
U;NU,= @.By the above theorem 4.4, there exists open sets V; and V; such that
AcV;ccl(V1)€U; and BEV; ccl(V2)SU,. Moreover, cl(Vi)Ncl(V2)SUiNU; = @

Theorem 4.6
Let f:X-=Y be a function

(i) If f is injective,M- o® continuous,open and X is o® —~Normal. Then Y is of —
Normal.
(i)  If fis continuous,M- o closed and Y is o° —~Normal, then X is o ~Normal
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Proof:

(i)  Suppose X is a®—~Normal. Let A and B be disjoint o —closed sets in Y. since
f is M- o Continuous, f'(A) and f'(B) are o®"—closed in X. since X is o5—
Normal, there exists disjoint open sets U and V in X such that f'(A)cU and f
'(B)cV. Now f'(A)SU=ACF(U) and f(B)SV=BC<f(V).since f is an open
map,f(U) and f(V) are open sets in Y. Also UnV=0 =f(UnV)=
@ =f(U)nf(V) = @ . Thus f(U) and f(V) are disjoint open sets in Y containing
A and B respectively.Thus Y is o° —~Normal.

(i)  Suppose Y is o° ~Normal. Let A and B be disjoint o* —closed sets in X.since f
is M- o*"Closed function, f(A) and f(B) are o® —closed in Y. Since Y is oa*—
normal, there exists disjoint open sets U and V in Y such that
f(A)SU,f(B)SV. That is ACf'(U) and BSf'(V).since f is continuous,f'(U)
and f'(V) are disjoint open sets in X containing A and B respectively. Thus X
is o~ ~Normal.

5. C-o® compact
In this section we introduce C - «° Compact space.
Definition 5.1 [11]

A topological space X is called C- Compact if for each closed subset AcX and
for each open cover 7 = {U, /o€ V}of A, there exists a finite sub collection {U,;

/1<i<n}of ¢, such that AU cl(Uy)
Definition 5.2

An o "—open set U is said to be o*"—regular if o int(c® cl(U))=U. Also of —closed set U
is said to be o —regular if o’ cl(o® int(U))=U.

Definition 5.3

X is said to be an o® —Hausdorff space if for any pair of distinct points x and y in
X, there exists an o® —open sets U and V in X such that xeU, yeV and UnV= @.

Definition 5.4

A set U in a topological space X is an o® —neighborhood of a point x if U contains
an o® —open set V, such that xeV.

Theorem 5.5
If Ais o —closed then of'intA is «*"—regular open
Proof:

Clearly o* intAC o cl(a"intA)
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= o int(e®intA)S of int(o® cl(o® int(A)))
= o intAC o int(a cl (o int(A))).
Also o int(A)CA,
= o cl(@®int(A))S o cl(A)=A (since A is o° —closed)
= o int(o® cl(a®"int(A))) S o int(A)
Theorefore o int(a*"cl(a*int(A)))= o int(A).
Hence o int(A) is o —regular open.
Theorem 5. 6
If Ais o —open then o cl(A) is o —regular closed
Proof:
Follows pre-Theorem 5.5
Note 5.7

By pre-Theorems we can say that of int(a® cl(U)) is o —regular open and o® cl(a* int(U))
is o° —regular closed.

Definition 5.8

A topological space X is called C- o® -Compact if for each o -closed subset ASX
and for each o> —open cover % = {U, /a€ V}of A, there exists a finite sub collection

{U,i /1<isn}of ¢, such that ACUL; o*cl(Uy;)
Lemma 5.9

A topological space X is C- of -compact iff for each of -closed subset ACX and
for each o® —regular open cover {U,: a€ V} of A, there exists a finite subcollectiion {Ua;:
I<i<n} such that ACU?_; o**cl(Uy)

Proof:
If X is C-o® -compact, the condition follows from Definition.

Now suppose the condition holds and let {U,: a€ V} be any cover of A by «*"—open sets.
Then y = o”int(a*"cl(U,)) is a o —regular open cover of A and so there exists a finite sub
collection {a"int(o® cl(Uy)): 1<i<n} of y such that ACU™, a®*cl(a” int(a® cl(U.))).But
for each i , we have o cl(c® int(a® cl(Uy))) = o cl(Uy) Therefore AC U™, a*cl(Uy)
which shows that X is C- «* -Compact

R S. Publication, rspublicationhouse@gmail.com Page 116



International Journal of Advanced Scientific and Technical Research Issue 5 volume 2, March-April 2015
Available online on http://www.rspublication.com/ijst/index.html ISSN 2249-9954

Theorem 5.10
A M-o*"—continuous image of a C- o® -compact space is C- «* -compact
Proof:

Let A be a o*"-closed subset of Y and y be an «*"—open cover of A. By M-o®*—
continuity of f, f'(A) is an «*"—closed subset of X and P={f'(V):Ve y} is a cover of f
'(A) by o«*"—open sets. By C- «*"-compactness of X, there exists a finite collection
say{Pi:1<i<n} of P such that f'(A)c U™ {a**cl(f(Vi)):I<i<n}Now by M-o®—
continuity of f, AC Ui~ {a*"cl((Vi):1<i<n}.Thus Y is C- o -compact.

Theorem 5.11
For any Topological space X, the following properties of X are equivalent

(i)  XisC- o -compact

(i) For each o -closed ACX and each of —regular open cover {U,: a€ V} of A there
exists a finite sub collection {U,;: 1<i<n} such that AC U ; o*cl(Uy)

(iii)  For each o -closed ACX and each collection of non-empty o —regular closed
sets {F,: a€ V} such that (N, F,) N A = @, there exists a finite sub collection {F:
1<i<n} such that (Nj.; o®*int(Fy;) NA= @

(iv)  For each o -closed AS X and each collection of non empty o —regular closed
sets{F,: a€ V} , if each finite sub collection {F.,: 1<i<n}has the property that
(N2, a®*int(Fy;) NA# @, then (N, Fe) N A # @.

Proof:

(1)if and only if (ii) has been shown in Lemma 5.9
(in)=>(iii)

Let A be a o® -closed subset of a C- o - compact space X and ¥ a family of o —
regular closed sets of X with NFNA= @. since W= {X — F / F €F }is a family of o® -

regular open sets of X covering A, there is a finite number of elements of 7/, say Uj= X-
Fi,1<i<n, with U}_; o**cl(Ui)2A . Therefore, N_; o**int(F;) =X-Uj.; a**cl(Ui)SX-A.
(iiD)=>(ii)

Let {U,: a€ V} be a of —regular open cover of A. Then AcU, U, implies (N (X —
Ua))NA=a. since X-U, is o —regular closed for each a€&V, the hypothesis of (iii)
implies that there is a finite subcollection {X-U,; / 1< i <n}such that (N.; a®*int(X —
Uaiyna=> : It follows that AC /=1n(X¥—as*int(X-Uy)). However,
X — o®"int(X —Uq)= a®"cl(X-(X-Uy))= o**cl(Uy) for each i=1, 234......... n.
Therefore, ACU?; a**cl(U,;) which is condition(ii).

(iii)  Ifand only if (iv) is clear.
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Theorem 5.12

Every M-o® -Continuous function from a C- o® -compact space to a o® —Hausdorff space
is M-o® “closed.

Proof:

Let f be o*"—continuous function from a C- o*" -compact space X to a «* —Hausdorff space
Y. Let C be a o -closed set in X and let pgf(C). Now for every xef(C), x#p and hence
choose a open neighborhood Ny such that p& o cl(N,). Clearly {f'(N,) : xef(C)} isa o® —
open cover of C. Let {X; : 1<i<n} be such that CEU}-, as*cl(F'(Ny)) : 1<i<n}(since X is
C-o° —Compact space). Thus by the M-a* —continuity of f ,Y-U™ {a*cl(Ny): 1<i<n} is
a o —neighborhood of p disjoint from f(C). Hence f(C) is o closed, hence M-a*"—
continuous function f from a C- o® --Compact space X to a o —Hausdorff space Y is M-
o -closed.

Theorem 5.13

A space X is C-of -Compact iff for each of closed subset C of X and «° —open
cover G of X-C and a o -open —neighborhood U of C, there exists a finite collection

{Gi€G : 1<i<n } such that X=UuU U;_;{o**cl(G;) : 1<i<n }
Proof:

Since U is an a* -open neighborhood of C, therefore CSUccl(C), or X-USX-C where X-

U is a o® —closed set. Since G is a o —open cover of X-C, G is a a® —open cover of the

o —closed set X-U. Now by C- o -compactness of X, there exists a finite subfamily {G; :

I<i<n } of G such that X-UcU™ {a**cl(Gi) : 1<i<n } which implies X=UuU
*{a’cl(Gi) : 1<i<n }.

Conversely, Let A be a o -closed subset of X and G be a * -open cover of A, Therefore
AcU{G:GeG} =H(say), obviously H is o*"-open . Therefore X-H is o -closed and
CSX-A. since X-A is o -open. Therefore we can take X-A= U is an o -open

neighborhood of C. Thus by the given statement X=UuU U?-,{a**cl(Gi) : 1<i<n } .Hence
X is C- a° - compact
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